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1. Introduction

During the past decade, following the first demonstration of supercontinuum

generation in photonic crystal fibers in the beginning of 2000 [1], a completely

new class of light sources with spectacular properties has emerged [2]. The

sources are able to emit broadband light that can span in spectral frequency

more than two octaves. Due to their extremely high brightness and excellent

beam quality that allows for tight focusing, these fiber-based supercontinuum

sources are also referred to as white-light lasers [3]. Pertaining to these re-

markable properties, supercontinuum sources have become very popular in a

wide range of applications, such as high-resolution optical frequency metrol-

ogy [4, 5] and spectroscopy [6, 7], as well as in various sensing and imaging

techniques [8–10].

Supercontinuum generation refers to a set of nonlinear optical processes tak-

ing place in a dielectric medium when an initially single-wavelength laser pulse

is efficiently converted into new wavelengths while propagating in the medium.

Typically, the dielectric medium is composed of a photonic crystal or mi-

crostructured optical fiber, which possesses a tiny core surrounded by a set of

holes running through the length of the fiber [11,12]. Supercontinuum sources

owe their exceptional spectral properties particularly to the flexibility in the

dispersion design offered by those fibers, as the spectral broadening of the laser

pulses sensitively depends on the wavelength of the launched pulses relative

to the dispersion profile of the fiber [13,14].

The proper dispersion control has been the key to successfully shift the short

wavelength edge of the continuum further into the ultraviolet, which has been

one of the main aims in the recent supercontinuum source development [15].

However, fiber design approaches the limit for what can be reached using the

fundamental fiber mode. This fact has turned the interest towards the use

of higher-order modes in extending the range of supercontinuum radiation to

even shorter wavelengths utilizing their unique dispersion properties [16,17].
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Introduction

The present understanding of the processes involved in supercontinuum gen-

eration would not have been reached without detailed comparisons between

experiments and numerical simulations. As a result, one can meanwhile ob-

serve for selected cases, such as the single-mode pulse propagation in silica

fibers, a good agreement between experiments and numerical results. Ex-

tension of the theoretical framework to include higher-order modes in pulse

propagation [18,19] has, certainly added to the complexity, but with enormous

potential also to various other applications [20,21].

For the design of tailored broadband light sources it is equally important to

reach not only a detailed understanding of the underlying complex dynamics

of supercontinuum generation but also to identify the requirements set to the

light source from the application point of view.

Among the wide range of applications of supercontinuum light, low-coherence

interferometry is one that will particularly benefit from the high brightness

and favorable spectral properties of supercontinuum light. The broad spec-

trum translates to a short coherence length, which helps improve the resolu-

tion of such techniques as optical-coherence tomography [22] and white-light

interferometry [23].

The thesis is divided in two parts: First, the fundamentals of various types

of microstructured optical fibers (Ch. 2) and basic aspects of supercontin-

uum generation in them are considered in Sec. 3.1. Then, practical means

to convert a pulsed supercontinuum source to provide quasi-continuous-wave

radiation is described in Sec. 3.2 [Publication I]. Section 3.3 presents a numer-

ical solver developed for simulating supercontinuum generation in multimode

fibers. The solver is applied to study the influence of higher-order modes

on supercontinuum generation in a non-birefringent multimode fiber and in a

suspended-core fiber [Publication II and Publication III].

The second part of the thesis focuses on the two examples of high-resolution

optical interferometry. Section 4.2 describes the design of a white-light in-

terferometer with stroboscopic illumination and introduces the special data

analysis method that was developed. The performance of the interferometer

is demonstrated by mapping surface vibration fields for a selection of out-of-

plane vibration modes of a square-plate silicon MEMS resonator [Publication

IV]. Section 4.3 describes a fiber-based Mach-Zehnder-type interferometer

that was designed and used for simultaneous measurements of both the re-

fractive index and the absorption coefficient of gas samples infiltrated into a

hollow-core photonic band-gap fiber. In this particular case, the measurement

was performed for acetylene [Publication V].
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2. Optical fibers

Light guidance was demonstrated in a water stream as early as 1840 but this

technique was of limited use for the transmission of light, except for laboratory

demonstration purposes on optics. With the invention of glass optical fibers

in the early 20th century, more practical light guidance became possible. This

lead to many applications, for instance imaging of remote locations by using a

bunch of thin glass fibers, however, light transmission over long distances was

not yet possible at that time due to the high losses. In 1966 it was estimated

that the minimum fundamental limit for losses in glass fibers had not been

reached yet [24]. According to these predictions, improvement of the glass

purity could reduce the attenuation in fibers below 20 dB/km, an important

milestone towards practical long-distance fiber-optic communication systems.

Over the last five decades, evolution of fiber fabrication and design technolo-

gies have enabled to achieve attenuation levels as low as 0.2 dB/km [25] and

provided a control of other light guidance properties. Information transmission

became possible over very long distances and has led to additional application

areas for optical fibers beyond the telecommunication industry [26], extending

to fields such as sensing, medical imaging and many more.

The schematic of a simple optical fiber is shown in Fig. 2.1. This fiber

consists of two concentric glass layers, namely the core and the cladding.

In addition, the fibers are usually coated with a hard polymer layer that

shields the glass layers from abrasion, moisture and improves the mechanical

strength [27–29].

In conventional optical fibers, like the one shown in Fig. 2.1, light guidance

is achieved by total internal reflection (TIR) at the core-cladding interface.

According to the Snell-Descartes law, TIR requires that the refractive index

of the core is higher than that of the cladding, see the plot in Fig. 2.1. Usually,

the index contrast between the core and cladding is created by adding dopants

into either the core or the cladding during fiber manufacturing.
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Figure 2.1. Schematic representation of a simple step-index optical fiber together with the
refractive index profile.

Conventional fibers are well known as a key component in modern telecom-

munication systems, however their use in other areas of research and industry

is quite limited. After achieving nearly the minimum fundamental limit for

losses, the interest of the research community in optical fibers started to de-

cline. This changed, however, with the demonstration of a completely new

optical fiber concept.

In 1991, Philip Russell suggested in unpublished work a fiber, which employs

the unique properties of photonic crystals for light guidance [11,30,31]. It was

predicted that such photonic crystal fibers (PCFs) could, in principle, enable

light guidance even in a hollow core. However, the manufacturing of PCFs

was very challenging and the first operational PCF had a solid core and was

guiding the light similarly to conventional fibers. Interestingly, the fiber was

found to support only the fundamental mode over a very broad spectral range

spanning from mid-infrared to the blue [30]. A few years later, light guidance

in an air hole was finally demonstrated [32]. From this point on, the PCFs

have revolutionized optical fiber technology and broadened the scope of fiber-

optic applications thanks to the unprecedented flexibility in the design of their

optical properties [11,31,33–39].

Photonic crystal fibers, in which light guidance is achieved due to an ef-

fective index contrast, are called microstructured optical fibers (MOFs). In

contrast to conventional fibers, MOFs are typically made of a single material

with the cladding formed by a matrix of micron-sized air-holes running along

the fiber length. The microstructure provides lower average refractive index

of the cladding compared to the solid core, hence light guidance is achieved

by the so called modified TIR. The schematic view of a typical MOF, to-

gether with it’s refractive index profile, is shown in Fig. 2.2(a). In MOFs, the

modulation of the refractive index not only creates an effective index contrast

but also strongly affects the waveguiding properties due to the significant de-

pendence of the average refractive index on the wavelength. As a result of
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Figure 2.2. Schematic view of an index guiding MOF (a) and a HC-PBF (b) together with
their refractive index profiles.

this unique wavelength dependence, the first demonstrated PCF was found

to be endlessly single-mode [30, 40]. Equally important, the PCF technology

also enables single-mode guidance in a MOF with a very large core [41]. Such

large-mode area MOFs are capable of high-power light delivery with negligible

nonlinearities and excellent beam quality.

On the other hand, by increasing the air filling ratio in MOFs, the core size

can be significantly reduced, resulting in extreme light confinement, which ef-

fectively boosts nonlinearities. The increase of non-linear effects in MOFs can

be used to efficiently generate supercontinua, which has lead to the develop-

ment of novel light sources with extremely broadband spectra and brightness

comparable to that of lasers [1, 42,43].

A conceptually different light guidance mechanism is utilized in another

kind of PCFs, called photonic bandgap fibers (PBFs) [44,45]. In these fibers,

the low-index core is surrounded by a microstructure with a higher average

refractive index, which makes TIR impossible. The light guidance, however, is

achieved exclusively due to photonic band-gap effect, giving the name of these

fibers. The photonic bandgap effect also allows for light guidance in a hollow

core surrounded by a properly engineered microstructure [32], as illustrated

in Fig. 2.2(b).

Since the introduction of hollow-core PBFs (HC-PBFs), their potential for

sensor applications was recognized. The core can be easily infiltrated with an

analyte providing an excellent overlap with the guided light. Even with a small

sampling volume a high sensitivity can be achieved [38,39,46–48]. Since then,

various sensor designs were proposed, which allow monitoring the refractive

index [49,50] of gaseous analytes, gas sensing [46,51–54], as well as measuring

the strain [55, 56] and temperature [56, 57]. For instance, in Publication V,

we demonstrated how the HC-PBF can be used for high-resolution spectrally-

resolved measurements of the complex refractive index of gases.
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Optical fibers

Modes and dispersion. Numerous characteristics are needed to describe the

light propagation in optical fibers. While the detailed description of these

characteristics can be found from a wide range of textbooks [33,34,58,59], in

this section I shall only briefly introduce the most important characteristics

essential for the other parts of the thesis.

Propagation of light in optical fibers is most conveniently described in terms

of the guided modes. Guided modes are the solutions of Maxwell’s equations

for the boundary conditions defined by the fiber cross-section. All fiber modes

have a distinct propagation constant and a characteristic transverse field dis-

tribution which remains constant during propagation.

According to the modal description, the complex amplitude of the monochro-

matic electromagnetic field U(x, y, z, ω) propagating along the fiber with N

guided modes can be represented as a sum of mode-fields

U(x, y, z, ω) =
N∑

m=1
Um(x, y, z, ω), (2.1)

where ω is the angular frequency and x, y, z are the spatial coordinates.

Furthermore, translational invariance of the optical fibers allows separating

the modal fields into transverse Fm(x, y, ω) and longitudinal Am(z, ω) compo-

nents

Um(x, y, z, ω) = Fm(x, y, ω) · Am(z, ω) · eiβm(ω)z, (2.2)

where βm(ω) is the real valued propagation constant of m-th mode, which is

equivalent to the phase change per unit of length. This separation significantly

simplifies the modeling of light propagation in fibers, since the only variable

remaining is the amplitude, while the propagation constants and the transverse

field distributions of the guided modes depend only on the fiber characteristics.

The number of guided modes can be controlled through the design of fiber

geometry. It is possible to create optical fibers, which support only the funda-

mental guided mode at least within a certain spectral range, as illustrated in

Fig 2.3. For instance, in conventional fibers this is usually achieved by reducing

core diameter to ∼ 8 μm with a core-cladding index contrast of ∼ 10−3 RIU (re-

fractive index units). In comparison, the design of the microstructured region

in MOFs, provides more flexible control of the number of guided modes [60].

It is important to note that for certain symmetries, a fiber may have modes

with equal propagation constants, which are called degenerate [61–63]. For

instance, the conventional non-birefringent fibers with circular core have two

degenerate fundamental modes which differ only by the state of polarization.

The propagation constant of a fiber mode is a function of frequency and is

therefore responsible for chromatic dispersion. In optical fibers, total chro-
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Figure 2.3. Effective indices of a few selected modes in a conventional optical fiber (solid
lines) together with the refractive indices of the core and the cladding (thick
dashed lines). The mode cut-off wavelengths (dotted lines) of modes 2 and 3
are indicated.

matic dispersion depends on both the dispersive properties of fiber material

and the waveguide dispersion determined by the fiber geometry. In analogy to

the refractive index of a homogenous medium, one can introduce the effective

refractive index of a fiber mode as

neff (ω) =
c0 · β(ω)

ω
, (2.3)

where c0 is the speed of light. Effective refractive indices of a guided modes are

always located in between the refractive indices of the core and of the cladding,

as illustrated in Fig 2.3. When the effective index of a mode becomes equal

to the cladding index, the mode is no longer guided at longer wavelengths, as

indicated in Fig. 2.3. This wavelength is also referred to as mode cut-off. In

conventional fibers, only the fundamental mode has no cut-off wavelength.

The effects of dispersion on guided light are best illustrated by expanding

the propagation constant in the vicinity of a conveniently chosen frequency ω0

using Taylor expansion

β(ω) = β0 + β1(ω − ω0) +
β2
2

(ω − ω0)2 + ... , where βn =
∂nβ

∂ωn

∣∣∣∣
ω=ω0

. (2.4)

This enables to obtain the two most important parameters β1 and β2, which

describe the group velocity (vg = 1/β1) and the group velocity dispersion

(GVD) β2, i.e. the velocity at which the pulse envelope moves and its temporal

broadening, respectively. These two parameters are very important for the

understanding and characterization of dispersion and are typically sufficient

for the description of narrow-band light propagation. The propagation of

broadband light in fibers, however, requires the knowledge of the complete

functional dependence of β(ω).
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Figure 2.4. Different group-velocity dispersion profiles are compared, featuring two (red
line), one (blue line) ZDWs or are located completely within the normal dis-
persion regime with a MDW (green line).

For practical purpose, the GVD is often presented in terms of the GVD

coefficient D, which is the rate of pulse broadening per unit of length per unit

of spectral width. It is related to β2 as

D = −2πc0
λ2 β2 � − λ

c0

∂n2
eff

∂λ2 , (2.5)

where λ is the free-space wavelength.

The dispersion curve is typically divided into the two distinct parts, the nor-

mal and anomalous regime. Dispersion is called normal when β2 > 0 (D < 0)

and it is anomalous when β2 < 0 (D > 0). Special attention is paid to the

wavelength, where the GVD equals to zero, which is called zero-dispersion

wavelength (ZDW). Ideally, a narrow-band light pulse with a central wave-

length that is equal to ZDW, is expected to propagate over long distances

without broadening, though it is rarely observed in practice due to the pres-

ence of higher order dispersion.

The location of the ZDW is defined by the fiber material but can also be

modified by altering the fiber geometry. The highest flexibility in tailoring the

dispersion properties are offered by MOFs [64]. For certain designs the fiber

may exhibit two ZDW points or none of them, as illustrated in Fig. 2.4 by

the red or green curve, respectively. Fibers with only normal dispersion are

called all-normal dispersion (ANDi) fibers [65]. Analogously to the definition

of the ZDW, the minimum dispersion wavelength (MDW) is often defined as

a parameter of ANDi fibers, where the dispersion is closest to zero.

The possibility to tailor the dispersion properties is important for nonlinear

applications, in particular for supercontinuum generation, as will be discussed

in the next chapter.
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Calculation of fiber modes and dispersion. Mode fields and the correspond-

ing propagation constants can be obtained by solving Maxwell’s equations for

a fiber cross-section either analytically or numerically. However, analytical so-

lutions can be obtained only in a few specific cases for a simple fiber geometry,

while more complex geometries require the use of numerical methods. One of

the most popular numerical approaches is the finite-element method (FEM),

which allows for solving Maxwell’s equations for arbitrary geometries and thus

is well suitable for the mode analysis of PCFs. Commercially available FEM

solvers are routinely used for modeling of light propagation in optical fibers.

In this thesis, all modal and dispersion calculations were performed using the

eigenmode FEM solver provided in the COMSOL Multiphysics® package [66].

This software package solves the full-vectorial Maxwell’s equations providing

accurate mode-fields and the propagation constants, including the polarization

properties of the analyzed fiber geometry.
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3. Supercontinuum light sources

Light sources based on supercontinuum generation in optical fibers become

increasingly popular in various areas of science and industry. They emit ex-

tremely broadband light with high brightness and beam quality, which are

comparable to those of lasers. The unique properties of supercontinuum

sources have already found applications in numerous fields, including opti-

cal frequency metrology [43,67], optical communications [68], spectroscopy [6]

and many others. For instance, the small coherence length of the emitted

broadband light can be utilized to improve performance of low-coherence inter-

ferometry techniques, such as optical-coherence tomography [69] and scanning

white-light interferometry [9].

In this chapter, the basics of supercontinuum generation are introduced,

before the principle of a continuous-wave supercontinuum light source [Pub-

lication I] is described. Finally, the numerical and experimental studies of

supercontinuum generation in multimode fibers are presented [Publication II

and Publication III].

3.1 Basics of supercontinuum generation

Any dielectric medium has a nonlinear response when high-intensity light is

propagating through it. The interplay between various nonlinear effects results

in the generation of new frequencies, broadening the input light to a spectral

continuum at the output. This process is known as supercontinuum generation

(SCG).

In the 1960s, spectral broadening of high intensity pulses was first demon-

strated in liquids [70,71] and then in bulk crystals and glasses [72,73]. These

experiments have shown that efficient spectral broadening requires a long in-

teraction path and enormous power levels. The idea of developing novel light

source based on this principle was very promising but required huge and ex-
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pensive high power lasers. However, extreme intensities can lead to the self-

focusing effect resulting in beam filamentation and possible damage of the

nonlinear material.

Few years later, optical fibers were demonstrated to be good candidates for

efficient excitation of nonlinearities due to the long interaction path and strong

light confinement in the core [74–77]. This allowed for significant reduction

of required laser power to only a few kilowatts [78], instead of more than 100

megawatts for bulk materials [72]. Moreover, supercontinua generated in a

single-mode fiber showed a high beam quality.

Another important advantage of using optical fibers for SCG is the ability

to tailor their dispersion properties. As will be discussed in more details later

in this section, dispersion plays a very important role in SCG, as it defines the

dynamics of nonlinear processes and the overall efficiency of spectral broaden-

ing. Early experiments have shown that the highest spectral broadening can

be achieved when the wavelength of laser pulse is located in the vicinity of

ZDW. Optical fiber technology provides a control over the position of ZDW

thanks to the waveguide contribution to the effective refractive index of a fiber

mode. However, with conventional fiber technology it was not possible to re-

alize a ZDW below that of the fiber material (≈ 1280 nm for fused silica),

where most lasers are operated.

Soon after their first introduction, MOFs became particularly favored for

generating supercontinua due to their unprecedented flexibility in the design

of the dispersion characteristics and the extreme light confinement. With

MOFs, it became possible to realize a ZDW in the visible spectral range and

thus enable the generation of a visible supercontinuum in optical fibers [1].

The unprecedented flexibility in the dispersion control allowed for matching

of ZDW to the operation wavelength of available high power lasers, which

together with the achievable high nonlinearity, have boosted the interest in

theoretical and experimental research of SCG.

A supercontinuum in the visible spectral range has also been generated in

tapered conventional germanosilicate fibers [79]. This alternative approach

makes use of readily available and inexpensive telecommunications fibers. This

way, good coupling to other fiber components is provided. However, tapered

fibers require special protection of the tapered region from both mechanical

damage and dust, as light scattering can otherwise easily affect the perfor-

mance of light guidance. In practice, this is difficult to achieve since strong

light confinement in the tapered region requires very low refractive index of

the surrounding medium, and thus cannot be covered with a hard protective
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Figure 3.1. SPM results in a frequency shift due to time-dependent phase delay caused by
the intensity variation in a light pulse.

coating. For this reason, MOFs have more commonly been used for SCG.

The dynamics of the nonlinear processes involved in SCG are very com-

plex, which sometimes makes it difficult to isolate the contribution of different

mechanisms. Nevertheless, it is useful to study these mechanisms first inde-

pendently in order to gain a fundamental understanding of the underlying

physical processes.

3.1.1 Nonlinear Kerr effect

The temporal variation of intensity in a pulse I(t) causes the proportional

variation of the local refractive index in a medium Δn(t) = n2I(t), which is

called nonlinear Kerr effect. There are three major effects arising from Kerr

nonlinearity: self-phase modulation (SPM), cross-phase modulation (XPM)

and four-wave mixing (FWM).

Self and cross-phase modulation result in a time-dependent phase delay ei-

ther in the same pulse (φNL = k0 · n2 · I · z) or in a co-propagating pulse

(φNL = k0 · n2 · (I1 + 2I2) · z), respectively. A time-dependent phase delay im-

plies a frequency shift with magnitude δω(t) ≡ −dφNL/dt and therefore leads

to nonlinear chirping of optical pulses and the generation of new frequency

components, as illustrated in Fig. 3.1.

Four wave mixing is a parametric process which results in the generation of

new frequencies. It involves two pump waves with frequencies ω1 and ω2 and

two new waves generated at frequencies ω3 and ω4. In single-mode optical

fibers, however, it is often assumed that the two pump waves have equal

frequencies (ω1 = ω2), so that the FWM is degenerate.

According to energy conservation, the frequencies must satisfy the following

condition

ω3 + ω4 = ω1 + ω2. (3.1)
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Figure 3.2. Generation of (a) Stokes and (b) anti-Stokes waves in stimulated Raman scat-
tering process.

In addition, momentum conservation between the four interacting photons

requires the phase mismatch Δk to be equal to zero

Δk = k3 + k4 − k1 − k2 = 0, (3.2)

where kj = n(ωj) · ωj/c0 [80]. At wavelengths near the ZDW, the phase

mismatch (Δk) is minimized [81, 82], which thus results in a significant con-

tribution of FWM to the generated supercontinuum [83–85].

3.1.2 Stimulated Raman Scattering

Raman scattering is an inelastic scattering process in which photons exchange

energy with optical phonons. This process can be explained with the help of

virtual energy levels introduced into the energy diagram, as shown in Fig. 3.2.

During interaction an incident photon may transfer part of its energy and

excite an optical phonon with energy Evib. As a result, the photon becomes

red-shifted. In case, an incident photon interacts with an already existing

phonon, the photon may acquire energy and become blue-shifted. Therefore,

Raman scattering results in appearance of two additional spectral components

placed symmetrically around the pump with a frequency shift depending on the

vibration energy levels of the medium (ΔνR ∼ 13 THz for fused silica fibers).

The red-shifted light, often called Stokes wave, is usually much stronger than

the blue-shifted anti-Stokes wave due to the fact that higher vibration levels

are less populated than the ground-state level. Generally, Raman scattering is

a relatively weak effect. However, if the medium can force scattered photons

to remain within it, they will stimulate the emission of new red or blue shifted

photons, greatly amplifying the Stokes and anti-Stokes components. This

process is called stimulated Raman scattering (SRS) and plays an important

role in SCG.

Stimulated Raman scattering is one of the primary nonlinear effects in SCG
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with long pump pulse durations ranging from picoseconds up to continuous-

wave pumping, and it is the dominant effect when pumped in the normal

dispersion regime.

Under high pump powers, when even the power of the Stokes wave exceeds

the Raman threshold, the Raman effect can repeat to produce a secondary

Stokes wave [86]. This process is called cascaded SRS and may repeat sev-

eral times during propagation generating multiple equidistant spectral com-

ponents, as illustrated in Fig. 3.3. If a phase matching condition holds for the

SRS generated frequencies, FWM may contribute significantly and result in a

very smooth continuum extending to the blue [83].

3.1.3 Influence of dispersion

Since dispersion is a linear effect, it does not result in generation of new

frequencies, however, it has a strong impact on the character of nonlinear

interactions.

In case pumping takes place in the normal dispersion regime (D < 0), the

resulting supercontinuum is mainly determined by SPM and SRS. The pump

pulse undergoes simultaneous broadening in both frequency and time domains,

which results in a spectrum with relatively narrow bandwidth but high stabil-

ity.

If the dispersion regime at pump wavelength is anomalous (D > 0), a non-

linear chirp due to SPM and a linear chirp caused by the dispersion may

counteract and result in the formation of solitons. At sufficiently high power,

the input pump pulse will form a higher-order soliton which eventually brakes

into fundamental solitons. During the decay, every fundamental soliton emits

a blue-shifted non-solitonic radiation at wavelength which depends on the

phase-matching condition with the soliton itself, as illustrated in Fig. 3.4.

This process provides the initial spectral broadening and results in formation
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of the spectrum with a gap around the ZDW [87]. After this mechanism, a

complex interaction among FWM, SRS, and dispersion fills the gap and the

spectrum develops into a flat continuum [87,88]

3.2 Supercontinuum source with continuous-wave output

Most commonly, supercontinua are generated from short, high-intensity laser

pulses ranging from the femtosecond to nanosecond regime. Also, cw-lasers

with high average powers have been used providing high spectral power densi-

ties and smooth spectra. Independent of the pump laser source employed, the

generated supercontinuum light is temporally not constant, but is rather in a

form of confined, high peak-power pulses or soliton-like structures [89,90].

In Publication I, the concept of a simple fiber-based supercontinuum light

source with a potential to emit light with a temporally stable power and

tailored spectrum was studied both experimentally and computationally. The

light source is based on the idea of dispersive time-stretching in an optical

fiber to convert efficiently and in a completely passive way the high intensity

supercontinuum pulses into a temporally constant output.

The proposed source consists of two main parts: a pulsed supercontinuum

source and a conventional optical fiber as a dispersive medium for temporal

pulse stretching, as illustrated in Fig. 3.5.

When broadband pulses enter a dispersive medium, they undergo significant

broadening in time due to the spectral dependence of the group velocity, i.e.

nonzero GVD. In absence of nonlinearities in the dispersive fiber, the temporal
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Figure 3.5. Schematic presentation of the concept of a simple fiber-based supercontinuum
light source with the potential to emit quasi-continuous-wave radiation.

broadening process for a pulse with a given spectrum P (ω, 0) can be mathe-

matically modeled using the simple expression for the complex spectral ampli-

tude A(ω, z) =
√

P (ω, 0)eiβ(ω)z, where β(ω) is the propagation constant of the

fiber mode. Applying an inverse Fourier transform to the spectral amplitude

allows to retrieve the corresponding pulse envelope P (t, z) =
∣∣F−1 {A(ω, z)}∣∣2

after the propagation distance z.

Note, that the initial phase information of the launched supercontinuum

pulses can be neglected in the expression above, since the considered fiber

lengths of the dispersive fiber yields a large GVD (β2z) [91].

Figure 3.6 shows the relative group delay (τg = L/vg) of the fundamental

mode calculated for a long (L = 100 m) conventional single-mode fiber (SMF).

Since the group delay is nonlinear with respect to the wavelength, different

frequency components will experience different temporal delays. At the wave-

lengths in the vicinity of the ZDW (≈ 1280 nm), the group delay is nearly

constant and therefore these components will propagate over a long distance

with negligible separation in time. Hence, efficient temporal broadening of a

supercontinuum pulse will not only depend on the spectral width but also on

the spectral range. According to the calculations presented in Publication I,

conventional telecommunication SMFs provide sufficient temporal broadening

in the visible spectral range already at moderate lengths (∼ 100 m).

Apart from the length, the selection of the dispersive fiber also has to ensure
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Figure 3.6. Group delay for a 100 meter long conventional SMF. For convenience the group
delay is shown relative to the group delay at ZDW.
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that solitons cannot exist within the spectral range of the coupled supercon-

tinuum. This becomes particularly important when high-power soliton-like

features are contained in the launched supercontinuum pulse, as they might

form solitons when propagating in the dispersive fiber.

Alternatively, supercontinuum pulses can also be temporally broadened by

means of intermodal dispersion in multimode fiber. In this case, the intermodal

dispersion is usually stronger than chromatic dispersion and modeling of the

temporal broadening can be based on the time response function of the fiber.

The large spectral width of the supercontinuum, however, requires also to take

chromatic dispersion into account, as described in Publication I.

The choice of dispersive fiber, either single-mode or multimode, will affect

the spatial properties of the output light wave. A single-mode fiber naturally

provides high spatial coherence of the output beam while the use of multi-

mode fiber simplifies input light coupling and allows for the transmission of

higher powers. It must be noted that if a multimode fiber is used as the dis-

persive fiber, any spatial filtering of the output light will effectively reduce the

contribution of intermodal dispersion.

At some point, given a sufficiently long fiber, the propagating pulses will be

stretched beyond the pulse-to-pulse period and start to overlap. As a result,

the output power smoothes and becomes nearly constant (Pavg) with superim-

posed remaining variations (δP ), as shown in Fig. 3.7. These fast fluctuations

result from the temporal envelope of the stretched supercontinuum pulses and

would ideally vanish for smooth envelopes. For pulses stretched by chromatic

dispersion only, the spectrum of the input supercontinuum pulse determines

the temporal envelope of the stretched pulse [91–93] and thus the temporal

fluctuations at the output. In Publication I, we demonstrated that the fast

variations can be minimized by proper selection of pulse repetition rate and

fiber length.

In general, the noise characteristics of a light source can be quantified in

terms of relative intensity noise (RIN). In practice, only the noise power within

the range of frequencies determined by the limited response time of the optical

detector is of interest. Therefore, noise characteristics of a light source are

typically presented in terms of RIN power spectral density (PSD). Figure 3.8

shows the calculated RIN PSD for the example in Fig. 3.7, neglecting any

other noise contributions apart from the residual intensity variations due to

the pulse overlap. The root-mean-square RIN for a detector with a bandwidth

of 350 MHz has been calculated as function of the pulse repetition rate and

the fiber length in Publication I. These calculations show that a noise-to-

18



Supercontinuum light sources

0 5 10 15 20 25 30

0.4

0.2

0

0.6

0.8

1

S
im

u
la

te
d

 o
s
c
ill

o
s
c
o

p
e

 s
ig

n
a

l

Time sweep [ns]

P
avg

δP

Figure 3.7. Temporal overlap of stretched supercontinuum pulses is illustrated exemplarily
for 3 pulses emitted at repetition rate of 1 GHz. Also shown, the time depen-
dence of the total power (blue) together with the signal expected for a detector
with a 350 MHz bandwidth response (green).
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Figure 3.8. Power spectral density of relative intensity noise (solid line) calculated for the
light intensity after 100 m of conventional telecommunication SMF and for an
input pulse repetition rate of 1 GHz. The electrical response of a detector with
a bandwidth of 350 MHz is also shown (dashed line). [Publication I]

mean power ratio lower than 1 % can already be achieved with moderate fiber

lengths and pulse repetition rates.

The concept of the light source presented in Publication I thus allows for

the generation of broadband continuous-wave light with a tailored spectrum

at low noise levels. These properties are beneficial for many applications in

high resolution imaging and spectroscopy.

3.3 Supercontinuum in multimode fibers

The high nonlinearity of MOFs originates from the strong field confinement

achieved when these fibers are designed with a small core and a high core-

cladding index contrast. Although typically only the fundamental mode is

effectively excited, these MOFs can in principle support numerous transverse

spatial modes [42,63].

Earlier experiments have pointed out the importance of intermodal nonlin-
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ear effects and demonstrated that a supercontinuum may also be generated in

higher-order modes (HOMs) [94–96]. The complexity of SCG itself and the

influence of intermodal phenomena in particular have mostly limited the the-

oretical studies of the pulse propagation in multimode MOFs to simple cases

only [83,85,97–99].

Only recently, the theoretical framework has been successfully extended to

enable the study of pulse propagation in multimode fibers taking into ac-

count an, in principle, unlimited number of modes [18, 19]. The derived mul-

timode generalized nonlinear Schrödinger equation (MM-GNLSE) comprises

apart from the common nonlinearities, wavelength dependent nonlinear mode

couplings and was first applied to study the dynamics of intermodal nonlin-

ear effects in femtosecond SCG. With this extended theoretical framework, a

number of interesting applications have opened up. For instance, one can make

use of the distinct dispersion characteristics of the HOMs for deep-ultraviolet

SCG [16, 96]. The anomalous dispersion regime of the HOMs is shifted to

wavelengths shorter than what can be achieved with the fundamental mode,

so that efficient spectral broadening on the blue side of the pump wavelength

can be realized [17, 100–102]. Other recent applications of the MM-GNLSE

include the modeling of space division multiplexing [103, 104] and the high-

average-power SCG in optical fibers [105].

In the original work of Poletti and Horak, the MM-GNLSE was solved numer-

ically using the split-step Fourier method (SSFM) [19]. This method is widely

used for solving the generalized nonlinear Schrödinger equation (GNLSE) due

to its simplicity in programming and the relatively low computational com-

plexity. However, the simplicity comes at the price that the simulations must

be performed multiple times with different step sizes in order to estimate the

error. Several improvements were proposed to the SSFM, such as a variable

step size defined as a function of propagation distance or an adaptive step size

derived from a local error estimate [106,107]. This makes programming of the

solver more complex and requires very thorough optimization, as otherwise

the gain in computation speed may be lost. In particular, this holds for multi-

mode simulations where the computational complexity rapidly increases with

the number of modes [19].

Direct solving of the GNLSE is possible in the frequency domain where the

equation can be formulated and solved as a system of ordinary differential

equations (ODEs) [14, 108]. Despite a higher computational demand, com-

pared to SSFM, the benefit of this approach is that many general purpose

ODE solvers are readily available and they are highly optimized and efficient.
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Figure 3.9. SEM image of the suspended-core fiber with the inset showing the close-up
view of the core region.

Providing much easier implementation, many existing ODE solvers also con-

tain error control and adaptive step-size integration algorithms which allow

for faster convergence of the solution. Following this path, we have demon-

strated in Publication II how the MM-GNLSE can be reformulated in the

frequency domain into a system of ODEs, resulting in the development of an

alternative numerical solver. As an example, the developed solver was used to

demonstrate the polarization dynamics of SCG in two degenerate modes of a

non-birefringent MOF.

In Publication III we used the MM-GNLSE solver for modeling the SCG in

a three-hole silica suspended-core fiber (SCF), see also [109], and studied the

influence of HOMs both experimentally and numerically.

A scanning electron microscopy (SEM) image of the SCF end facet is shown

in Fig. 3.9. Before taking this image, the end facet and the outer surface of

the fiber tip were coated first with 1.5 nm of titanium and then with a 20 nm

thick gold layer. The metal layer prevents the charge build-up by allowing

the current flow to the specimen holder and therefore significantly improves

the image quality. The coating of the end facet was performed at a normal

deposition angle, avoiding possible distortions of the fiber geometry due to

metal addition.

We find that in the vicinity of the core the fiber geometry can be described

by three parameters: the strand thickness near the core (d ≈ 600 nm), the

in-circle radius of the core (r ≈ 875 nm) and the radius of curvature of the air

hole near the core (R ≈ 3350 nm), as shown in Fig. 3.9.

The waveguiding properties of the SCF were obtained using FEM mode-

analysis applied to the geometry of the fiber’s cross-section. For this analysis,

the accurate geometry was obtained by first converting the SEM image into

vector format and then properly scaling it to the fiber dimensions. We have

found that the fiber core can support up to 12 modes in the vicinity of 780 nm,

which is the operating range of the tunable mode-locked Ti:sapphire laser used

in the experiments. The wavelength dependence of the GVD parameters and
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Figure 3.10. GVD parameters (a) and mode-intensity profiles (b) of the six lowest-order
modes in the SCF obtained using FEM mode-analysis.

mode-intensity profiles for the six lowest order modes are shown in Fig. 3.10.

For this fiber, the wavelength of zero-dispersion in the fundamental mode is

located at 760 nm while the ZDWs of HOMs are located around 600 nm. We

found that modes M1 and M2 as well as M4 and M5 form degenerate pairs

which differ only in their polarization properties.

Nonlinear spectral broadening in the SCF was studied by pumping the fiber

with 150 fs long light pulses emitted by a wavelength tunable mode-locked

laser operating at a repetition rate of 82 MHz. Optimized for the highest

transmission, the light pulses were coupled with a microscope objective into

the fiber core. The coupling efficiency was estimated by measuring the average

power at the fiber output and in front of the objective. The spectra of the

supercontinuum generated in the fiber were recorded with an optical spectrum

analyzer for several pump wavelengths and pulse powers. Additionally, the

light emitted from the fiber was imaged through interchangeable bandpass

filters onto a charge-coupled device (CCD) camera for recording the near-

field images. Figure 3.11 shows the spectrum and the set of near-field images

recorded for pump pulses at 780 nm with a peak power of 10.6 kW. Additional

spectra measured under different pump conditions are presented in Publication

III.

The near-field images, shown in Fig. 3.11, provide clear evidence that in

addition to the fundamental mode the HOMs are also excited in the fiber. Over

most of the spectral range, the near-field images resemble intensity profiles

similar to the one expected from the fundamental mode and only in the vicinity

of the pump wavelength the HOMs become apparent.

In principle, there are two possible origins for the presence of spectrally

broadened light in the HOMs. The first possibility is that the light is initially

coupled only into the fundamental mode and is later transferred to HOMs

via nonlinear interactions. Alternatively, the HOMs can be initially excited

with sufficient power for independent spectral broadening. In order to study
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Figure 3.11. Measured spectrum of the supercontinuum generated in the SCF by pump
pulses with a wavelength of 780 nm and a peak power of 10.6 kW. Also shown,
the near-field images recorded at the fiber output for selected wavelengths.
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Figure 3.12. Simulated spectrum (gray line and black line (smoothed)) shown in (a) to-
gether with the measured spectrum (red line) is obtained from the coherent
sum of the modal contributions presented in (b). The simulation was per-
formed for a single pump pulse coupled entirely into mode M1. [Publication
III]

further the origin and role of the HOMs in the spectral broadening, we per-

form a detailed multimode numerical analysis utilizing the solver described in

Publication II.

First, the simulations are performed assuming that the full pump power is

coupled only into mode M1. However, all modes require the inclusion of noise

as otherwise no interaction between the modes is possible. In Fig. 3.12(a), the

simulated spectrum for a single pump pulse is compared with the measured one

for the same pump conditions. We see that the simulated spectrum is much

broader than the measurement. Furthermore, no power transfer to HOMs is

observed except to the degenerate mode M2, see Fig. 3.12(b).

The significant differences in the modal dispersion profiles yield a short

modal walk-off length between the non-degenerate modes and thus reduce

the interaction efficiency. In addition, the magnitude of coupling coefficients
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Q
(1,2)
plmn (as defined in Publication II) are also an important indicator for the ef-

ficiency of intermodal interactions. For the present fiber geometry, only those

Q
(1,2)
plmn coefficients, which are attributed to intramodal nonlinearities and inter-

modal XPM, have the largest magnitude. Within the degenerate mode pair

(M1 and M2), the well satisfied phase-matching condition, will also enable

energy transfer by intermodal FWM. This effect is, in fact, responsible for the

appearance of the broad spectrum observed in mode M2. From this study, we

conclude that intermodal interaction is in general strongly suppressed so that

the experimentally observed HOMs must have been excited initially.

Ideally, the power coupled into each fiber mode can be found from decom-

position of the input field in terms of mode fields. We calculated the cou-

pling efficiency by integrating the overlap of the incident field with the mode

fields [110]. Approximating the laser beam with an ideal Gaussian beam with

waist radius of 648 nm and aligning it perfectly with the core, we find that

almost all pump power is coupled to the degenerate fundamental mode, with

the power ratio between M1 and M2 depending on the beam polarization.

Any lateral offset of the beam results in more efficient excitation of the HOMs

with relative power fractions strongly depending on both the offset direction

and the beam polarization. Calculating the total coupling efficiency at a grid

of pump beam offsets, we obtain the coupling maps, shown in Fig. 3.13(a) for

three polarization angles arbitrarily selected along each of the strands. The

coupling maps clearly indicate that the maximal coupling persistently occurs

at an offset location with only slight dependence on the beam polarization.

For the offset point with maximal coupling we identify at a polarization

angle (φ = 90o) the relative modal power fractions as summarized in Tab. 3.1.

Only approximately 57 % of the full pump power (10.6 kW) is coupled into the

fundamental mode at this beam alignment while the remaining pump power

is distributed among the HOMs. Using these modal fractions for initial mode

excitation we repeated the simulation and the resulting spectrum together

with individual mode contributions is presented in Fig. 3.14. Under these

conditions, the total spectrum is in a good agreement with the experiment.

The spectrum in the fundamental mode reproduces the spectral width of the

measured spectrum, see Fig. 3.14(b), while the overall broadening of the HOMs

M1 M2 M3 M4 M5 M6

48.8 8.7 5.4 21.1 0.0 16.0

Table 3.1. Fractional mode power at the pump beam polarization aligned along vertical
strand of the fiber (φ = 90o).

24



Supercontinuum light sources

0 20 6040 80 100 180120 160140

Polarization angle φ (deg)

0

20

40

60

80

100
M

o
d

a
l 
c
o

u
p

lin
g

 e
ff

. 
(%

) M1
M2
M3
M4
M5
M6

Total

-1.2 0 1.2
-1.2

0

1.2
φ = 30 deg

Δx [μm]

Δ
y
 [
μ

m
]

-1.2 0 1.2

φ = 90 deg

Δx [μm]
-1.2 0 1.2

φ = 150 deg

Δx [μm]

(a)

(b)

0

50

75

25

100

T
o

ta
l 
c
o
u
p
lin

g
  
e
ff
. 
(%

)

φ

Figure 3.13. (a) Coupling efficiency maps calculated for an ideal Gaussian beam with waist
radius of 648 nm and three polarization angles. (b) Coupling efficiencies for
each mode depending on beam polarization plotted at the offset of maximal
coupling to the fiber core. [Publication III]

is only about 200 nm, see Fig. 3.14(c). The spectral broadening in the HOMs

is dominated by soliton fission process while low initial power and significant

separation from the ZDWs of these modes prevent the generation of dispersive

waves. Furthermore, the simulated HOM spectra cover a wavelength range

similar to what has been observed by the near-field images, shown in Fig. 3.11.

The results presented in Publication III demonstrate that depending on the

pump beam size relative to the fiber geometry, the alignment with maximal

coupling to the fiber does not necessarily mean that only the fundamental

mode is excited. For some specific fiber geometries like the suspended-core

fiber the maximal coupling to the fiber may be found at offset locations which

also results in more efficient excitation of the HOMs.
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(c). [Publication III]
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4. High-resolution optical
interferometry

In the most general way, interferometry can be described as a measurement

technique that utilizes the superposition of waves to obtain the information

about the measuring object. While interferometry can be applied to waves

of different nature, this chapter, however, focuses only on the interference

between optical waves.

After introducing the basics of interferometry, two high-resolution interfero-

metric setups are described: A stroboscopic white-light interferometer for the

study of out-of-plane vibration fields in a micro-mechanical resonator and a

simple fiber-based interferometer for the measurement of the complex refrac-

tive index of gaseous analytes.

4.1 Basics of interferometry

When a monochromatic plane wave of initial amplitude A0 propagates through

a homogenous and isotropic medium, the amplitude at propagation distance

z and time t can be described by

A(z, t) = A0 · eik0nz · e−iωt, (4.1)

where k0 = ω/c0 is the free-space wavenumber, c0 is the speed of light, n is the

refractive index of the medium and ω is the angular frequency. Consequently,

at a fixed moment in time, the phase of the propagating wave depends on both

the refractive index and the propagation distance. Thus, the optical properties

of the medium can, in principle, be retrieved from an analysis of the wave.

However, the high optical frequencies ω make it impossible to measure the

wave amplitude directly, as conventional optical detectors are limited to the

measurement of the time averaged intensity I(z) =
〈
|A(z, t)|2

〉
t

only; here 〈〉t

denotes the time average over multiple optical cycles. An alternative solution

to determine the optical properties of the medium is to compare the wave

after propagation through the medium with a reference wave. This is the

27



High-resolution optical interferometry

main principle behind interferometric techniques. In optics, usually both the

probe and reference waves are generated by dividing an incoming wave into

two parts. After the propagation through the sample and reference paths,

respectively, both waves are combined, and the resulting total intensity can

be measured. The total intensity observed on the detector Idet is related to

the superposition of the wave amplitudes and can be expressed as

Idet =
〈
|Ap(zp, t) + Ar(zr, t)|2

〉
t

= Ip + Ir + 2
√

IpIrcos(Δφ), (4.2)

where Ap, Ar and Ip, Ir are the amplitudes and the intensities of the probe and

reference waves, respectively. Furthermore, the total intensity Idet strongly

depends on the phase difference Δφ between the two waves at the detector.

Combining Eqs. 4.1 and 4.2, the phase difference can be related to the refrac-

tive indices (np, nr) and the geometric path lengths (zp, zr) of the respective

propagation paths according to

Δφ = k0 (npzp − nrzr) . (4.3)

In Eq. 4.3 the quantity (npzp − nrzr) is often referred to as the optical path

length difference (OPLD). Thus, interferometric techniques allow not only the

measurement of the refractive index of a medium but also the measurement

of distances.

Michelson and Mach-Zehnder interferometers. The devices that make use

of interference between waves are called interferometers. Figure 4.1 illustrates

two common interferometer setups, a Michelson and a Mach-Zehnder interfer-

ometer. In a Michelson interferometer, shown in Fig. 4.1(a), the beam from the

light source S is divided by a beam-splitter (BS) into a reference and a probe

beam. After reflection from the mirrors at the ends of the corresponding in-

terferometer arms, the beams are recombined by the same beam-splitter. The

total intensity of the superposed waves can then be detected at the output,

as shown in Fig. 4.1(a). In case when the refractive indices in both interfer-

ometer arms are equal (ns = nr = n), any displacement Δz of the mirror M2

along the beam path will directly influence the phase difference according to

Δφ = k0n · 2Δz. Consequently, changes in the path length can be obtained

directly from the measurement of intensity Idet, using Eq. 4.2.

The principle of refractive index measurement utilizing a Mach-Zehnder in-

terferometer is illustrated in Fig. 4.1(b). In this setup, the beam from the light

source S is divided by the first beam splitter (BS1) into two beams. Guided

along separate paths, the beams are combined by a second beam-splitter (BS2)

and the intensity Idet can then be recorded at the output of the interferometer.
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Figure 4.1. Illustration of a Michelson interferometer (a) and Mach-Zehnder interferometer
(b) utilized for distance or refractive index measurements, respectively.

Note, that only one output is shown in Fig. 4.1(b) for clarity. When a sample

with unknown refractive index is placed into one of the interferometer arms,

the change of the refractive index causes a phase shift of Δφ = k0d ·Δn, where

d is the length of the sample, as shown in Fig. 4.1(b). Therefore, this setup is

suitable to obtain the refractive index of the sample from the measurement of

the light intensity at the detector.

4.2 White-light interferometry of vibrating microstructures

The sensitivity of interferometers to the OPLD has been utilized for high-

resolution optical surface profilometry [111–116]. When replacing, for in-

stance, one of the mirrors in a Michelson interferometer by a sample, an accu-

rate height map of the sample can be obtained. However, from the measured

phase difference an unambiguous determination of the surface height is only

possible as long as changes in the path length remain within half of the wave-

length, i.e. typically below a few hundred nanometers. While this is typically

fulfilled in optical testing of smooth surfaces, like mirrors, samples with large

step heights require a different approach for surface profilometry.

The ambiguity problem can be resolved by using a multiple-wavelength [117,

118] or low-coherence [119–122] light source for illumination. In case of low-

coherence illumination, the superposed waves of each optical frequency con-

tained in the broadband light combine to a localized interference pattern at

the detector. Localizing this interference pattern, unambiguous mapping of

the static surface topography becomes possible for step heights ranging from

the nanometer to millimeter scale. This method is typically referred to as

white-light interferometry (WLI) and is widely used for the characterization

of miniaturized electromechanical components, such as microelectromechan-

ical system (MEMS). It is also known as optical coherence tomography in

biomedical applications [22,69,123].

In Publication IV, we describe a white-light interferometer and the data
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Figure 4.2. Experimental setup consisting of Michelson white-light interferometer. A colli-
mated LED beam split into the sample and reference beams by a non-polarizing
beam splitter. The returning beams are combined and imaged onto a camera
equipped with a lens for microscopic imaging. During the measurement, the
sample is translated in steps along the probe beam (Z-scan) at the same time
recording the camera image for each step.

analysis method that allows for the mapping of out-of-plane surface vibration

fields with sub-nm resolution and frequencies up to tens of MHz.

The experimental setup consists of a typical Michelson interferometer with

the reference mirror in one arm and the sample in the second arm, as shown

in Fig. 4.2. The sample is attached to a translator and can be precisely moved

along the beam axis in order to scan the OPLD and record the interference

fringe pattern for each surface point on the sample, as shown in Fig. 4.3(a) and

Fig. 4.3(b). Then, by locating the white-light interferogram at each surface

point, the relative height-map can be obtained for the entire surface.

Various methods have been developed to analyze white-light interferograms

in order to obtain the height information. The simplest method is to locate

the maximum of the interferogram under the assumption that it coincides

with the zero-order fringe. This approach, however, is very sensitive to any

intensity drift or noise. Alternatively, the calculation of the so-called “center

of gravity” can also be used [124]. More precise methods extract the envelope

of the interferogram and locate its center by a Gaussian fit, which requires that

the employed light spectrum can be approximated by a Gaussian shape [125].

From the numerous analysis methods developed for WLI, the frequency do-

main analysis (FDA) approach described in [126, 127] was implemented. In

this method, the interferograms at each pixel are first transformed into spatial-

frequency domain. In the frequency domain, the spectral phase φ is a linear

function of the wavenumber k with the slope unambiguously related to the lo-

cation of the fringe pattern h and hence to the sample height (φxy(k) = hxyk).

Since practical light sources are limited in the spectral width, the linearity

of the phase can only be observed within a finite range of wavenumbers, as
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Figure 4.3. Schematic presentation of the frequency domain analysis (FDA) approach for
processing WLI data. (a) During the measurement, a stack of images is ac-
quired as a function of the varied OPLD (z-scan). When examining the light
intensity data from a particular camera pixel through the stack, Ixy(z), (b) a
typical WLI interferogram with localized fringes is observed. (c) Applying a
Fourier transform (FT) to the interferogram, the spectral amplitude content
(A(k)) of this signal peaks at the wavenumber km, in the vicinity of which the
spectral phase (�(k)) is linear. [Publication IV]

shown in Fig. 4.3(c). An advantage of the FDA is that it does not require a

specific spectral shape and can even tolerate possible spectral changes caused

by the reflection from different materials.

Enhanced white-light interferometry. The resolution of WLI can be further

improved by combining the fringe envelope localization measurement with

detection of the interferometric phase.

The main idea behind this method is schematically illustrated in Fig. 4.4

for a step height sample. Locating the coherence envelope enables to unam-

biguously determine the sample height down to the fringe order. The analysis

of the phase information can provide a high-resolution topography but suf-

fers from the phase ambiguity. Combined, however, both approaches yield an

unambiguous, high-resolution height-map, as shown on the right in Fig. 4.4.

This improvement enables detection of sub-nanometer surface height features

over a large dynamic range [121,126], and has made this method particularly

attractive for MEMS.

In principle, for enhanced WLI the coherence envelope location and interfer-

ometric phase can be obtained with any of the available methods [125,127,128].

Here, we selected the FDA since it can simultaneously yield the envelope lo-

cation and interferometric phase. While the envelope location is related to

the slope of the spectral phase, as described earlier, the interferometric phase

can be extracted from the spectral phase at the mean wavenumber km of the

fringe pattern, see Fig. 4.3(c).

A detailed description of the FDA algorithm for the enhanced WLI is pro-

vided in the original publications of de Groot et. al [126,127,129].

Measurement of vibration fields. For capturing the instantaneous surface

deformations of moving elements, the data acquisition in surface profiling is
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Figure 4.5. Stroboscopic measurement principle illustrated for a single point of an oscillat-
ing surface. The apparent motion of the point can be effectively “frozen” by
illuminating it with short light pulses emitted at the oscillation frequency. By
tuning the pulse delay δ the point location can be obtained at any oscillation
phase.

typically too slow. In case of periodically vibrating surfaces, static surface

profiling methods, such as WLI, can still be used when combined with stro-

boscopic illumination [116, 130–132]. In stroboscopic illumination, the light

source emits pulses in synchronization with the sample excitation frequency,

so that the sample is illuminated at the specific vibration phase only. This

effectively “freezes” the periodic motion of the measured surface, as illustrated

for a single surface point in Fig. 4.5. The instantaneous deformation at any

vibration phase can then be measured by introducing a delay δ to the illumi-

nating pulses with respect to the excitation signal. Provided the illumination

pulse is short enough, this method allows for characterization of the dynamics

of surface vibration at very high frequencies.

With stroboscopic illumination, WLI enables to obtain a set of instantaneous

height maps, which cover the whole vibration period. These height maps can

be either visualized directly or further analyzed to extract more detailed infor-

mation on the vibration field. Although the instantaneous height-maps provide
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Figure 4.6. The surface vibration analysis was applied to a set of surface height maps (a)
obtained over a complete vibration period. The surface deformation hxy at a
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height maps, yields the sample surface topography (σxy) and both the absolute
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a good visualization of the vibrating surface and are thus often presented, they

do not provide all the information available from the measurement. For in-

stance, small parasitic effects on top of large-amplitude vibrations are difficult

to identify from instantaneous deformation maps. Further vibration analysis

is thus essential and of great interest for sample characterization.

For a harmonically oscillating surface, the height variation of a surface point

can be described as

hxy(δ) = σxy + Axy cos(θxy + δ), (4.4)

where σxy is the average height and Axy and θxy are the amplitude and phase of

the vibration. When analyzed for the entire surface, this yields the amplitude

A(x, y) and the phase θ(x, y) maps. These maps contain complete information

on the surface deformation and can be used to calculate a 3D representation

at an arbitrary vibration phase value.

We find the amplitude and the phase maps by measuring the surface de-

formation for a set of phase delays δ over the vibration period. Instead of

directly fitting Eq. 4.4 into the height maps, we apply in Publication IV the

computationally faster Fourier transform to the height variation at each point

on the surface, as illustrated in Fig. 4.6. This method requires the instanta-

neous height maps to be measured at phase delays, which are evenly sampled

over the complete vibration period such that δ ∈ [0; 2π). As a result, the

first spectral bin of the discrete Fourier transform will contain the information

on both, the amplitude and the phase of the vibration field, see Fig. 4.6(c).

Additionally, the values at the zeroth spectral bin are related to the average

surface topography σ(x, y).

Figure 4.7 shows the measured amplitude and phase maps for a square-plate

resonator [133, 134] vibrating at a frequency of 3.37 MHz. The very large

dynamic range requires the amplitude map to be shown in logarithmic scale,
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Figure 4.7. The set of measured vibration amplitude (first row) and phase (second row)
data for the 3.37 MHz vibration mode. The vibration amplitude and phase
data are also shown for three different input drive powers P0, P0 − 20 dB and
P0 − 40 dB. [Publication IV]

so that both strong and weak effects can be visualized simultaneously. At

the nominal input drive power P0, the amplitude data feature more than 40

dB of dynamic range, and the nodal line of the vibration mode is seen as a

thin and deep minimum, with the corresponding phase data showing a sharp

transition. In order to identify the minimum detectable amplitude, we reduced

the excitation power levels. Decreasing the input drive power, and hence the

vibration amplitude, serves to illustrate that the setup is capable of resolving

vibration modes with a maximum amplitude of less than 300 pm. These results

demonstrate that we can reach a minimum detectable vibration amplitude

of less than 100 pm, which advances state-of-the-art stroboscopic white-light

interferometry to the level comparable with full-field laser interferometry [135].

As is often observed, the maximum amplitude decreases with an increase

in the vibration frequency. However, with the achieved amplitude detection

limit, we are able to explore vibration fields at even higher frequencies. Figure

4.8 shows the amplitude and phase maps as well as the 3D views of instan-

taneous deformations for the vibration modes at frequencies of 7.18 MHz and

13.72 MHz.

Requirements on the light source. For the stroboscopic white-light interfer-

ometer described in Publication IV, the requirements on the light source can

be divided into two categories, namely the spectral and temporal properties

of the emitted light pulses.

Polychromatic illumination is the main requirement for WLI. A broader

spectrum results in a more localized fringe pattern, and thus provides better

resolution. However, the situation is different in case of enhanced WLI, where
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the coherence and phase analysis give rise to opposite requirements on the

light source spectrum.

While in enhanced WLI the coherence envelope is only utilized to extract the

fringe-order, the resolution of the height determination depends entirely on the

phase analysis. The narrower the light spectrum, the higher resolution can be

obtained. Therefore, the optimal light spectrum has to be carefully selected.

In Publication IV we have demonstrated that the bandwidth of 35 nm of a

green light-emitting diode (LED) (central wavelength of 510 nm) was already

close to optimal value, as it enabled resolution of vibration amplitudes below

100 picometers.

It is important to note that in practice, only the presence of noise limits

the resolution obtainable from the analysis of fringe location. The theoretical

resolution limit in WLI has been studied by Fleischer et al. [136]. The influence

of both the noise level and the spectral properties of the light were analyzed

in [136] based on signal theory. Therefore, their conclusions do not rely on the

specific analysis method but rather describe the possible information capacity

of the interferogram.

The duration of the illuminating pulse is an important factor in stroboscopic

methods since it defines the temporal resolution. In general, the pulses must

be much shorter than the typical time scale of the process being observed. For

instance, in stroboscopic WLI, the finite pulse duration results in a decreased
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visibility of the interference fringe pattern and an underestimated vibration

amplitude [131]. Currently, LED-based light sources are widely used in WLI.

However, their minimum pulse durations are limited to a few nanoseconds,

which effectively enables stroboscopic illumination up to frequencies of a few

tens of MHz. Shorter pulses can be obtained from laser-based light sources.

Supercontinuum-based light sources are, in this respect, attractive candidates,

as they provide the flexibility to tailor the spectral properties [9].

4.3 Simple interferometric gas refractometer

As was already pointed out in the first section of this chapter, the sensitivity

of interferometers to the phase changes in a probe wave can also be employed

for the precise measurement of the refractive index of various materials. This

enables not only the characterization or detection of substances, but also al-

lows for indirect analysis of the physical characteristics, such as pressure or

temperature of the environment [56,57]. In order to reach highest sensitivity,

a good overlap of the probing light wave with the analyte is essential.

In this respect, the introduction of PCFs has been followed with the great

interest. These fibers add, in addition to the numerous advantages that con-

ventional optical fibers have brought to the sensing technology, the possibility

for strong interaction of the guided light with the analyte infiltrated into the

air holes [37,47,51,137–139]. In particular, the class of HC-PBFs allows for a

perfect overlap between the probing light beam and the analyte. The potential

use of HC-PBFs as long sample cells, which require only smallest amounts of

analyte to reach the highest sensitivity, has been recognized from the beginning

and has inspired numerous detection schemes since then [46,48–50,52,140,141].

Although many of these devices promise high sensitivity and resolution, they

are often limited to the measurement of either the real or imaginary part of

the complex refractive index.

In Publication V, we show that spectrally resolved measurements of both

the refractive index and absorption coefficient can be performed for a liquid or

gaseous analyte using a simple, HC-PBF based interferometric setup. Further-

more, the proposed design is, in comparison to many other detection schemes,

very simple but yet highly precise and does not require coating techniques

with a nanometer precision, splicing or tapering of the fiber.

The experimental setup of the refractometer is based on a Mach-Zehnder-

type interferometer with optical fibers placed into both the sample and the

reference arms. A conventional SMF is used in the reference arm and an
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Figure 4.9. Schematic view of the gas refractometer setup. A close-up of the in parallel
attached fiber outputs is shown in (a) together with a schematic illustration
of the interference pattern formation. A SEM picture of the used HC-PBF is
also presented. (b) Interference fringe pattern as recorded by CCD camera.
[Publication V]

HC-PBF is utilized both as a gas cell and a waveguide in the sample arm, as

shown in Fig. 4.9. Light from a wavelength tunable laser is focused after a

beam-splitter cube into each fiber and guided along their lengths. The output

fiber ends are placed parallel to each other so that the diverging output light

overlaps and interferes on a CCD camera (see insets (a) and (b) in Fig. 4.9). In

order to facilitate the filling of the core of the HC-PBF with gaseous analytes,

the output fiber ends are placed in a sealed gas chamber with a window for

the output light. The lengths of both fibers are chosen in order to balance the

optical path lengths, however due to substantial differences in the dispersion

of the fibers this can be achieved only within a narrow spectral range.

The measurement of the analyte’s complex refractive index is based on the

interference between optical waves. Variation of the refractive index in the

sample arm results in a shift of the interference pattern observed on the CCD

camera. By tracing this shift, we can precisely measure the change in refractive

index. For example, this allows for recording of the spectral dependence of

refractive index when the laser wavelength is scanned over the spectral range

of interest, as was done in the present study. In addition, the spectrally

dependent attenuation in the analyte defines the amplitude of the observed

interference pattern. Therefore, both the refractive index and the absorption

coefficient of an analyte can be measured simultaneously.

Analysis of the images acquired by the camera is performed numerically

in the spatial frequency domain where the interference fringes give rise to

the spectral amplitude A only at the specific frequency points, as shown in

Fig. 4.10. At these frequency points the complex amplitude is related to
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Figure 4.10. Recorded interference fringe pattern (a) and its two-dimensional spatial am-
plitude spectrum (b). The amplitude spectrum features the intense zeroth
frequency component related to the average intensity and two side lobes which
originate from the intensity modulation in the fringe pattern.

the fringe position and amplitude, which corresponds to the refractive index

and the absorption coefficient, respectively. While the exact location of the

frequency points (fx, fy) and (−fx, −fy) is not important for the measure-

ments, they must be clearly separated from the strong components near zero

frequency. This can be achieved by increasing the number of fringes in the

camera image, however, the noise and the discrete intensity measurement by

the digital camera decrease the obtainable resolution when too many fringes

become visible. In the present experiments the optimum resolution was found

with seven fringes.

For monochromatic illumination it is nearly impossible to identify the zero-

order fringe and thus the absolute value of the OPLD. Instead, a relative

measurement technique was used. The measurement procedure consisted of

two parts: First, the HC-PBF was infiltrated with the analyte and the fringe

pattern was recorded while scanning the wavelength of the tunable laser over

the spectral range of interest. Then, the same measurement was repeated

for a reference medium of well known refractive index. While replacing the

analyte with the reference medium, the fringe position was traced continuously

in order to relate the two measurements. This technique, in addition, enabled

for automatic accounting of the interferometer’s intrinsic wavelength response.

Compressed air was chosen as the reference medium since its refractive index

can be precisely calculated [142–146].

The potential of the proposed refractometer was demonstrated by measuring

both the absorption coefficient and the refractive index of an acetylene-air gas

mixture within the spectral range from 1525 nm to 1545 nm, see Fig. 4.11.

The results clearly resolve the resonant structure of the P branch of the ν1 +ν3

band of acetylene gas.

Additionally, the measurement results were compared to a simple theoret-

ical model based on the harmonic oscillator [147]. This model provides the
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Figure 4.11. Measured absorption coefficient (a) and refractive index (b) for the air-
acetylene gas mixture (black line). The smooth (red) curves represent a
superposition of the results obtained by fitting each resonance independently
as exemplarily shown for two resonances in the insets. [Publication V]

wavelength dependence of the refractive index and of the absorption coeffi-

cient in the vicinity of a single resonance. Thus, we first fitted each resonance

independently, as shown in the insets of Fig. 4.11, and then added the fit-

ted curves together for a comparison with the measurement, see red lines in

main windows of Fig. 4.11. We find a good match between the theory and

measurement.

The achieved resolution of 4 · 10−7 RIU is mainly limited by the intermodal

interference in the HC-PBF, which results in periodic variations of the fringe

position and amplitude. This influence can be readily avoided by the use of a

HC-PBF with suppressed HOMs [148,149], so that this concept has a potential

for even higher resolutions.
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5. Summary

Optical interferometry is widely applied in science and technology for investi-

gating and measuring most diverse phenomena and properties, ranging from

detection of small displacements, refractive index changes and surface rough-

ness to astronomical observations. This thesis focuses on the development of

bright, broadband light sources for interferometric applications, based on the

generation of supercontinuum light in microstructured optical fibers (MOFs).

Furthermore, two concrete examples of optical interferometry, the use of a stro-

boscopic white-light interferometer for vibration analysis of micro-mechanical

resonators, and interferometric measurement of the refractive index of gases

using a fiber-optic measurement setup are introduced, realized, and analyzed

as potential applications for the broadband sources.

The first part of the thesis introduces a new concept for a broadband source,

from which the light is emitted quasi-continuously in time, instead of the usual

pulsed emission of supercontinuum sources. The main idea is based on disper-

sive temporal stretching of broadband light pulses beyond the pulse-to-pulse

period to ideally reach constant output intensity. The light pulses, generated

in a MOF, were coupled into a conventional optical fiber with either domi-

nant chromatic or modal dispersion for temporal broadening. This concept

was found to be able to provide intensity fluctuations below 1 % in the out-

put light. Many applications in optical metrology, spectroscopy and imaging

clearly benefit from such a bright continuous-wave light source.

A recent development in supercontinuum generation of light has been to

extend the spectral coverage by using higher-order fiber modes for the non-

linear processes. In this thesis, a numerical solver for simulating such genera-

tion process was developed. The multimode generalized nonlinear Schrödinger

equation was transformed, in the frequency domain, to a system of standard

ordinary differential equations. This enabled the use of readily available ordi-

nary differential equation solvers and thus gave a straightforward access to the
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complex theoretical model. The potential of the approach was first verified

in a simple case of non-birefringent multimode MOF pumped with femtosec-

ond pulses, rendering a clear physical picture of the spectral broadening and

the polarization dynamics of the generated output. The same approach was

further applied to study the influence of higher-order modes on supercontin-

uum generation in a three-hole silica suspended-core fiber. The simulation

results were compared to experimentally measured spectra, and a good agree-

ment was found for the two. The detailed comparison shows that although

the spectral broadening is mostly determined by the fundamental fiber mode,

an excitation of the higher-order modes can considerably contribute to the

spectral broadening, particularly in the vicinity of the pump wavelength.

The first example of optical interferometry performed in the thesis deals with

a phase-shifting white-light interferometer that uses stroboscopic illumination.

The setup was designed to characterize the dynamics of out-of-plane surface

vibrations in electromechanical components. The performance of the interfer-

ometer was demonstrated by mapping surface vibration fields of a square-plate

silicon MEMS resonator for a selection of out-of-plane vibration modes with

resonance frequencies up to 14 MHz. A minimum detectable amplitude of

less than 100 pm was achieved. This measurement technique enables char-

acterization of small-amplitude vibrations at high frequencies and allows for

the identification of weak parasitic effects on top of large-amplitude vibra-

tions. In the present study, the highest measurable vibration frequency was

limited by the duration of the light pulse obtained from a simple LED source.

Switching to supercontinuum sources will allow much shorter pulses to be ap-

plied and, therefore, will open up new possibilities for the analyzes of much

higher-frequency vibration fields. Moreover, a supercontinuum source provides

flexibility in tailoring of the light spectral properties, which turns out to be

an important factor in optimizing the resolution capabilities of the device.

As a second example of interferometric studies involving photonic crystal

fibers, the thesis includes the development of a simple refractometer based

on the use of a hollow-core photonic bandgap fiber as the sample container

for gaseous analytes. The measurement geometry significantly reduces the

amount of analyte required for the refractive index measurement while al-

lowing at the same time a long interaction path. The refractive index is

sensed through analyte-induced effective index variation in the hollow-core

fiber. With this device, the refractive index of an air-acetylene mixture was

measured with a resolution of 4 · 10−7 RIU (refractive index units) in the

spectral range from 1525 nm to 1545 nm.

42



Bibliography

[1] J. K. Ranka, R. S. Windeler, and A. J. Stentz, “Visible continuum generation
in air-silica microstructure optical fibers with anomalous dispersion at 800 nm,”
Opt. Lett. 25, 25 (2000).

[2] J. M. Dudley and G. Genty, “Supercontinuum light,” Phys. Today 66, 29 (2013).

[3] R. R. Alfano, The Supercontinuum Laser Source: Fundamentals with Updated
References (Springer, New York, 2006), 2nd ed.

[4] T. W. Hänsch, “Nobel lecture: Passion for pre-
cision,” (Nobelprize.org, Nobel Media AB 2013),
http://www.nobelprize.org/nobel_prizes/physics/laureates/2005/hansch-
lecture.html.

[5] J. L. Hall, “Nobel lecture: Defining and measuring optical frequencies:
The optical clock opportunity and more,” (Nobelprize.org, Nobel Media AB
2013), http://www.nobelprize.org/nobel_prizes/physics/laureates/2005/hall-
lecture.html.

[6] S. T. Sanders, “Wavelength-agile fiber laser using group-velocity dispersion of
pulsed super-continua and application to broadband absorption spectroscopy,”
Appl. Phys. B 75, 799 (2002).

[7] J. Chou, Y. Han, and B. Jalali, “Time-wavelength spectroscopy for chemical
sensing,” IEEE Photon. Technol. Lett. 16, 1140 (2004).

[8] K. Goda, K. K. Tsia, and B. Jalali, “Serial time-encoded amplified imaging for
real-time observation of fast dynamic phenomena,” Nature 458, 1145 (2009).

[9] I. Kassamakov, K. Hanhijärvi, I. Abbadi, J. Aaltonen, H. Ludvigsen, and
E. Hæggström, “Scanning white-light interferometry with a supercontinuum
source,” Opt. Lett. 34, 1582 (2009).

[10] A. Mahjoubfar, K. Goda, A. Ayazi, A. Fard, S. H. Kim, and B. Jalali, “High-
speed nanometer-resolved imaging vibrometer and velocimeter,” Appl. Phys.
Lett. 98, 101107 (2011).

[11] P. Russell, “Photonic crystal fibers,” Science 299, 358 (2003).

[12] J. C. Knight, “Photonic crystal fibres,” Nature 424, 847 (2003).

[13] J. M. Dudley, G. Genty, and S. Coen, “Supercontinuum generation in photonic
crystal fiber,” Rev. Mod. Phys. 78, 1135 (2006).

43



Bibliography

[14] J. M. Dudley and J. R. Taylor, Supercontinuum Generation in Optical Fibers
(Cambridge University Press, New York, 2010).

[15] J. C. Travers, “Blue extension of optical fibre supercontinuum generation,” J.
Opt. 12, 113001 (2010).

[16] A. Efimov, A. Taylor, F. Omenetto, J. Knight, W. Wadsworth, and P. Russell,
“Nonlinear generation of very high-order UV modes in microstructured fibers,”
Opt. Express 11, 910 (2003).

[17] Y. Chen, Z. Chen, W. J. Wadsworth, and T. A. Birks, “Nonlinear optics in the
LP02 higher-order mode of a fiber,” Opt. Express 21, 17786 (2013).

[18] F. Poletti and P. Horak, “Description of ultrashort pulse propagation in multi-
mode optical fibers,” J. Opt. Soc. Am. B 25, 1645 (2008).

[19] F. Poletti and P. Horak, “Dynamics of femtosecond supercontinuum generation
in multimode fibers,” Opt. Express 17, 6134 (2009).

[20] D. J. Richardson, J. M. Fini, and L. E. Nelson, “Space-division multiplexing in
optical fibres,” Nat Photon 7, 354–362 (2013).

[21] S. Mumtaz, R.-J. Essiambre, and G. P. Agrawal, “Nonlinear propagation in
multimode and multicore fibers: Generalization of the manakov equations,” J.
Lightwave Technol. 31, 398 (2013).

[22] D. Huang, E. A. Swanson, C. P. Lin, J. S. Schuman, W. G. Stinson, W. Chang,
M. R. Hee, T. Flotte, K. Gregory, C. A. Puliafito, and J. G. Fujimoto, “Optical
coherence tomography,” Science 254, 1178 (1991).

[23] P. Ryczkowski, A. Nolvi, I. Kassamakov, G. Genty, and E. Hæggström, “High-
speed stroboscopic imaging with frequency-doubled supercontinuum,” Opt.
Lett. 38, 658 (2013).

[24] K. Kao and G. Hockham, “Dielectric-fibre surface waveguides for optical fre-
quencies,” Proc. IEE 113, 1151 (1966).

[25] T. Miya, Y. Terunuma, T. Hosaka, and T. Miyashita, “Ultimate low-loss single-
mode fibre at 1.55 μm,” Electron. Lett. 15, 106 (1979).

[26] W. A. Gambling, “The rise and rise of optical fibers,” IEEE J. Sel. Top. Quan-
tum Electron. 6, 1084 (2000).

[27] R. G. Huff and F. V. DiMarcello, “Hermetically coated optical fibers for adverse
environments,” Proc. SPIE 0867, 40 (1988).

[28] K. E. Lu, G. S. Glaesemann, R. Vandewoestine, and G. Kar, “Recent devel-
opments in hermetically coated optical fiber,” J. Lightwave Technol. 6, 240
(1988).

[29] C. Kurkjian, J. T. Krause, and M. Matthewson, “Strength and fatigue of silica
optical fibers,” J. Lightwave Technol. 7, 1360 (1989).

[30] J. C. Knight, T. A. Birks, P. Russell, and D. M. Atkin, “All-silica single-mode
optical fiber with photonic crystal cladding,” Opt. Lett. 21, 1547 (1996).

[31] P. Russell, “Photonic-crystal fibers,” J. Lightwave Technol. 24, 4729 (2006).

44



Bibliography

[32] R. F. Cregan, B. J. Mangan, J. C. Knight, T. A. Birks, P. Russell, P. J. Roberts,
and D. C. Allan, “Single-mode photonic band gap guidance of light in air,”
Science 285, 1537 (1999).

[33] A. Bjarklev, A. S. Bjarklev, and J. Broeng, Photonic Crystal Fibres (Springer,
USA, 2003).

[34] F. Zolla, G. Renversez, A. Nicolet, B. Kuhlmey, S. Guenneau, and D. Fel-
bacq, Foundations of Photonic Crystal Fibres (Imperial College Press, Singa-
pore, 2005).

[35] F. Benabid, “Hollow-core photonic bandgap fibre: New light guidance for new
science and technology,” Phil. Trans. R. Soc. A 364, 3439 (2006).

[36] F. Poli, A. Cucinotta, and S. Selleri, Photonic Crystal Fibers (Springer, Dor-
drecht, 2007).

[37] O. Frazão, J. Santos, F. Araújo, and L. Ferreira, “Optical sensing with photonic
crystal fibers,” Laser & Photon. Rev. 2, 449 (2008).

[38] Y. S. Skibina, V. V. Tuchin, V. I. Beloglazov, G. Shteinmaeer, I. L. Betge,
R. Wedell, and N. Langhoff, “Photonic crystal fibres in biomedical investiga-
tions,” Quantum Electron. 41, 284 (2011).

[39] A. M. R. Pinto and M. Lopez-Amo, “Photonic crystal fibers for sensing appli-
cations,” Journal of Sensors 2012, 598178 (2012).

[40] T. A. Birks, J. C. Knight, and P. Russell, “Endlessly single-mode photonic
crystal fiber,” Opt. Lett. 22, 961 (1997).

[41] J. Knight, T. Birks, R. F. Cregan, P. Russell, and J.-P. de Sandro, “Large mode
area photonic crystal fibre,” Electron. Lett. 34, 1347 (1998).

[42] J. K. Ranka, R. S. Windeler, and A. J. Stentz, “Optical properties of high-delta
air silica microstructure optical fibers,” Opt. Lett. 25, 796 (2000).

[43] R. Holzwarth, T. Udem, T. W. Hänsch, J. C. Knight, W. J. Wadsworth, and
P. Russell, “Optical frequency synthesizer for precision spectroscopy,” Phys.
Rev. Lett. 85, 2264 (2000).

[44] J. C. Knight, J. Broeng, T. A. Birks, and P. Russell, “Photonic band gap
guidance in optical fibers,” Science 282, 1476 (1998).

[45] S. E. Barkou, J. Broeng, and A. Bjarklev, “Silica-air photonic crystal fiber
design that permits waveguiding by a true photonic bandgap effect,” Opt. Lett.
24, 46 (1999).

[46] T. Ritari, J. Tuominen, J. C. Petersen, T. Sørensen, T. P. Hansen, H. R. Si-
monsen, and H. Ludvigsen, “Gas sensing using air-guiding photonic bandgap
fibers,” Opt. Express 12, 4080 (2004).

[47] M. Skorobogatiy, “Microstructured and photonic bandgap fibers for applications
in the resonant bio- and chemical sensors,” Journal of Sensors 2009, 524237
(2009).

[48] W. Jin, H. F. Xuan, and H. L. Ho, “Sensing with hollow-core photonic bandgap
fibers,” Meas. Sci. Technol. 21, 094014 (2010).

45



Bibliography

[49] W. Yuan, G. E. Town, and O. Bang, “Refractive index sensing in an all-solid
twin-core photonic bandgap fiber,” IEEE Sensors J. 10, 1192 (2010).

[50] M. Deng, C.-P. Tang, T. Zhu, Y.-J. Rao, L.-C. Xu, and M. Han, “Refractive
index measurement using photonic crystal fiber-based Fabry-Perot interferom-
eter,” Appl. Opt. 49, 1593 (2010).

[51] T. Ritari, J. Tuominen, J. C. Petersen, T. P. Hansen, and H. Ludvigsen, “Minia-
ture wavelength references based on gas-filled photonic bandgap fibers,” in “Pro-
ceedings of 30th European Conference on Optical Communication (ECOC ’04),”
(Stockholm, Sweden, 2004). p. Mo3.3.2.

[52] J. Tuominen, T. Ritari, J. Petersen, and H. Ludvigsen, “Gas filled photonic
bandgap fibers as wavelength references,” Opt. Commun. 255, 272 (2005).

[53] Y. Hoo, W. Jin, H. Ho, J. Ju, and D. Wang, “Gas diffusion measurement using
hollow-core photonic bandgap fiber,” Sensor Actuat. B-Chem. 105, 183 (2005).

[54] R. M. Wynne, B. Barabadi, K. J. Creedon, and A. Ortega, “Sub-minute re-
sponse time of a hollow-core photonic bandgap fiber gas sensor,” J. Lightwave
Technol. 27, 1590 (2009).

[55] Q. Shi, Z. Wang, L. Jin, Y. Li, H. Zhang, F. Lu, G. Kai, and X. Dong, “A hollow-
core photonic crystal fiber cavity based multiplexed Fabry-Pérot interferometric
strain sensor system,” IEEE Photon. Technol. Lett. 20, 1329 (2008).

[56] S. H. Aref, R. Amezcua-Correa, J. P. Carvalho, O. Frazão, P. Caldas, J. L.
Santos, F. M. Araújo, H. Latifi, F. Farahi, L. A. Ferreira, and J. C. Knight,
“Modal interferometer based on hollow-core photonic crystal fiber for strain and
temperature measurement,” Opt. Express 17, 18669 (2009).

[57] Y. Geng, X. Li, X. Tan, Y. Deng, and Y. Yu, “Sensitivity-enhanced high-
temperature sensing using all-solid photonic bandgap fiber modal interference,”
Appl. Opt. 50, 468 (2011).

[58] A. W. Snyder and J. D. Love, Optical Waveguide Theory (Springer, Bristol,
UK, 1983).

[59] E.-G. Neumann, Single-Mode Fibers: Fundamentals, no. v. 57 in Springer series
in optical sciences (Springer, Berlin, 1988).

[60] J. C. Knight, T. A. Birks, P. Russell, and J. P. de Sandro, “Properties of
photonic crystal fiber and the effective index model,” J. Opt. Soc. Am. A 15,
748 (1998).

[61] P. McIsaac, “Symmetry-induced modal characteristics of uniform waveguides -
I: Summary of results,” IEEE Trans. Microw. Theory Techn. 23, 421 (1975).

[62] P. McIsaac, “Symmetry-induced modal characteristics of uniform waveguides -
II: Theory,” IEEE Trans. Microw. Theory Techn. 23, 429 (1975).

[63] R. Guobin, W. Zhi, L. Shuqin, and J. Shuisheng, “Mode classification and
degeneracy in photonic crystal fibers,” Opt. Express 11, 1310 (2003).

[64] D. Mogilevtsev, T. A. Birks, and P. Russell, “Group-velocity dispersion in pho-
tonic crystal fibers,” Opt. Lett. 23, 1662 (1998).

46



Bibliography

[65] A. M. Heidt, “Pulse preserving flat-top supercontinuum generation in all-normal
dispersion photonic crystal fibers,” J. Opt. Soc. Am. B 27, 550 (2010).

[66] “COMSOL AB. [Online]. Available at http://www.comsol.com,” .

[67] S. A. Diddams, D. J. Jones, J. Ye, S. T. Cundiff, J. L. Hall, J. K. Ranka, R. S.
Windeler, R. Holzwarth, T. Udem, and T. W. Hänsch, “Direct link between
microwave and optical frequencies with a 300 THz femtosecond laser comb,”
Phys. Rev. Lett. 84, 5102 (2000).

[68] T. Ohara, H. Takara, T. Yamamoto, H. Masuda, T. Morioka, M. Abe, and
H. Takahashi, “Over-1000-channel ultradense WDM transmission with super-
continuum multicarrier source,” J. Lightwave Technol. 24, 2311 (2006).

[69] I. Hartl, X. D. Li, C. Chudoba, R. K. Ghanta, T. H. Ko, J. G. Fujimoto, J. K.
Ranka, and R. S. Windeler, “Ultrahigh-resolution optical coherence tomography
using continuum generation in an air-silica microstructure optical fiber,” Opt.
Lett. 26, 608 (2001).

[70] F. Shimizu, “Frequency broadening in liquids by a short light pulse,” Phys. Rev.
Lett. 19, 1097 (1967).

[71] R. G. Brewer, “Frequency shifts in self-focused light,” Phys. Rev. Lett. 19, 8
(1967).

[72] R. R. Alfano and S. L. Shapiro, “Observation of self-phase modulation and
small-scale filaments in crystals and glasses,” Phys. Rev. Lett. 24, 592 (1970).

[73] R. R. Alfano and S. L. Shapiro, “Emission in the region 4000 to 7000 Å via
four-photon coupling in glass,” Phys. Rev. Lett. 24, 584 (1970).

[74] R. H. Stolen, E. P. Ippen, and A. R. Tynes, “Raman oscillation in glass optical
waveguide,” Appl. Phys. Lett. 20, 62 (1972).

[75] E. P. Ippen and R. H. Stolen, “Stimulated Brillouin scattering in optical fibers,”
Appl. Phys. Lett. 21, 539 (1972).

[76] R. H. Stolen and A. Ashkin, “Optical Kerr effect in glass waveguide,” Appl.
Phys. Lett. 22, 294 (1973).

[77] E. P. Ippen, C. V. Shank, and T. K. Gustafson, “Self-phase modulation of
picosecond pulses in optical fibers,” Appl. Phys. Lett. 24, 190 (1974).

[78] C. Lin and R. H. Stolen, “New nanosecond continuum for excited-state spec-
troscopy,” Appl. Phys. Lett. 28, 216 (1976).

[79] T. A. Birks, W. J. Wadsworth, and P. Russell, “Supercontinuum generation in
tapered fibers,” Opt. Lett. 25, 1415 (2000).

[80] G. P. Agrawal, Nonlinear Fiber Optics (Academic Press, San Diego, 2001), 3rd
ed.

[81] K. Washio, K. Inoue, and T. Tanigawa, “Efficient generation of near-I.R. stim-
ulated light scattering in optical fibres pumped in low-dispersion region at 1.3
μm,” Electron. Lett. 16, 331 (1980).

[82] C. Lin, W. A. Reed, A. D. Pearson, and H.-T. Shang, “Phase matching in
the minimum-chromatic-dispersion region of single-mode fibers for stimulated
four-photon mixing,” Opt. Lett. 6, 493 (1981).

47



Bibliography

[83] S. Coen, A. H. L. Chau, R. Leonhardt, J. D. Harvey, J. C. Knight, W. J.
Wadsworth, and P. Russell, “Supercontinuum generation by stimulated Raman
scattering and parametric four-wave mixing in photonic crystal fibers,” J. Opt.
Soc. Am. B 19, 753 (2002).

[84] N. I. Nikolov, T. Sørensen, O. Bang, and A. Bjarklev, “Improving efficiency
of supercontinuum generation in photonic crystal fibers by direct degenerate
four-wave mixing,” J. Opt. Soc. Am. B 20, 2329 (2003).

[85] D. A. Akimov, E. E. Serebryannikov, A. M. Zheltikov, M. Schmitt, R. Maksi-
menka, W. Kiefer, K. V. Dukel’skii, V. S. Shevandin, and Y. N. Kondrat’ev,
“Efficient anti-Stokes generation through phase-matched four-wave mixing in
higher-order modes of a microstructure fiber,” Opt. Lett. 28, 1948 (2003).

[86] R. H. Stolen, C. Lee, and R. K. Jain, “Development of the stimulated Raman
spectrum in single-mode silica fibers,” J. Opt. Soc. Am. B 1, 652 (1984).

[87] G. Genty, M. Lehtonen, J. Broeng, M. Kaivola, and H. Ludvigsen, “Spectral
broadening of femtosecond pulses into continuum radiation in microstructured
fibers,” Opt. Express 10, 1083 (2002).

[88] A. V. Husakou and J. Herrmann, “Supercontinuum generation, four-wave mix-
ing, and fission of higher-order solitons in photonic-crystal fibers,” J. Opt. Soc.
Am. B 19, 2171 (2002).

[89] C. J. S. de Matos, S. V. Popov, and J. R. Taylor, “Temporal and noise character-
istics of continuous-wave-pumped continuum generation in holey fibers around
1300 nm,” Appl. Phys. Lett. 85, 2706 (2004).

[90] J. C. Travers, A. B. Rulkov, B. A. Cumberland, S. V. Popov, and J. R. Tay-
lor, “Visible supercontinuum generation in photonic crystal fibers with a 400W
continuous wave fiber laser,” Opt. Express 16, 14435 (2008).

[91] K. Goda, D. R. Solli, K. K. Tsia, and B. Jalali, “Theory of amplified dispersive
Fourier transformation,” Phys. Rev. A 80, 043821 (2009).

[92] T. Jannson, “Real-time Fourier transformation in dispersive optical fibers,” Opt.
Lett. 8, 232 (1983).

[93] Y. Tong, L. Chan, and H. Tsang, “Fibre dispersion or pulse spectrum measure-
ment using a sampling oscilloscope,” Electron. Lett. 33, 983 (1997).

[94] B. Crosignani and P. D. Porto, “Soliton propagation in multimode optical
fibers,” Opt. Lett. 6, 329 (1981).

[95] Y. Vidne and M. Rosenbluh, “Spatial modes in a PCF fiber generated contin-
uum,” Opt. Express 13, 9721 (2005).

[96] R. Cherif, M. Zghal, L. Tartara, and V. Degiorgio, “Supercontinuum generation
by higher-order mode excitation in a photonic crystal fiber,” Opt. Express 16,
2147 (2008).

[97] M. Lehtonen, G. Genty, M. Kaivola, and H. Ludvigsen, “Supercontinuum gen-
eration in a highly birefringent microstructured fiber,” Appl. Phys. Lett. 82,
2197 (2003).

48



Bibliography

[98] Z. Zhu and T. G. Brown, “Polarization properties of supercontinuum spectra
generated in birefringent photonic crystal fibers,” J. Opt. Soc. Am. B 21, 249
(2004).

[99] T. Chaipiboonwong, P. Horak, J. D. Mills, and W. S. Brocklesby, “Numerical
study of nonlinear interactions in a multimode waveguide,” Opt. Express 15,
9040 (2007).

[100] J. Cheng, M. E. V. Pedersen, K. Charan, K. Wang, C. Xu, L. Grüner-Nielsen,
and D. Jakobsen, “Intermodal Čerenkov radiation in a higher-order-mode fiber,”
Opt. Lett. 37, 4410 (2012).

[101] B. Zwan, S. Legge, J. Holdsworth, and B. King, “Spatio-spectral analysis of
supercontinuum generation in higher order electromagnetic modes of photonic
crystal fiber,” Opt. Express 21, 834 (2013).

[102] T. J. Butcher, P. N. Anderson, R. T. Chapman, P. Horak, J. G. Frey, and
W. S. Brocklesby, “Bright extreme-ultraviolet high-order-harmonic radiation
from optimized pulse compression in short hollow waveguides,” Phys. Rev. A
87, 043822 (2013).

[103] G. Rademacher, S. Warm, and K. Petermann, “Influence of discrete mode cou-
pling on the nonlinear interaction in mode-multiplexed systems,” IEEE Photon.
Technol. Lett. 25, 1203 (2013).

[104] D. I. Kroushkov, G. Rademacher, and K. Petermann, “Cross mode modulation
in multimode fibers,” Opt. Lett. 38, 1642 (2013).

[105] X.-h. Fang, M.-l. Hu, L.-l. Huang, L. Chai, N.-l. Dai, J.-y. Li, A. Y. Tashchilina,
A. M. Zheltikov, and C.-y. Wang, “Multiwatt octave-spanning supercontinuum
generation in multicore photonic-crystal fiber,” Opt. Lett. 37, 2292 (2012).

[106] A. Heidt, “Efficient adaptive step size method for the simulation of supercon-
tinuum generation in optical fibers,” J. Lightwave Technol. 27, 3984 (2009).

[107] O. V. Sinkin, R. Holzlöhner, J. Zweck, and C. R. Menyuk, “Optimization of the
split-step Fourier method in modeling optical-fiber communications systems,”
J. Lightwave Technol. 21, 61 (2003).

[108] J. Hult, “A fourth-order Runge-Kutta in the interaction picture method for
simulating supercontinuum generation in optical fibers,” J. Lightwave Technol.
25, 3770 (2007).

[109] I. Shavrin, P. Tvarožek, M. Koyš, K. Schuster, S. Novotny, and H. Lud-
vigsen, “Extremely white supercontinuum generation in three-hole suspended-
core fiber,” in “CLEO/Europe and EQEC 2011 Conference Digest,” (Optical
Society of America, 2011), p. CF_P16.

[110] M. Grabka, B. Wajnchold, S. Pustelny, and W. Gawlik, “Experimental and
theoretical study of light propagation in suspended-core optical fiber,” Acta
Phys. Pol. A 118, 1127 (2010).

[111] S. Petitgrand, R. Yahiaoui, K. Danaie, A. Bosseboeuf, and J. Gilles, “3D mea-
surement of micromechanical devices vibration mode shapes with a stroboscopic
interferometric microscope,” Opt. Laser. Eng. 36, 77 (2001).

49



Bibliography

[112] A. Bosseboeuf and S. Petitgrand, “Characterization of the static and dynamic
behaviour of M(O)EMS by optical techniques: Status and trends,” J. Mi-
cromech. Microeng. 13, S23 (2003).

[113] Y. Emery, E. Cuche, F. Marquet, N. Aspert, P. Marquet, J. Kühn, T. Colomb,
F. Montfort, F. Charrière, C. Depeursinge, P. Debergh, and R. Conde, “Digital
holographic microscopy (DHM) for metrology and dynamic characterization of
MEMS and MOEMS,” Proc. SPIE 6186, 61860N (2006).

[114] D. Malacara, Optical Shop Testing (John Wiley & Sons, Hoboken, N.J., 2007),
3rd ed.

[115] J. Schmit, J. Reed, E. Novak, and J. K. Gimzewski, “Performance advances in
interferometric optical profilers for imaging and testing,” J. Opt. A: Pure Appl.
Opt. 10, 064001 (2008).

[116] V. Heikkinen, K. Hanhijärvi, J. Aaltonen, K. Grigoras, I. Kassamakov,
S. Franssila, and E. Haeggström, “Nondestructive static and dynamic MEMS
characterization using supercontinuum scanning white light interferometry,”
Proc. SPIE 8250, 825008 (2012).

[117] J. C. Wyant, “Testing aspherics using two-wavelength holography,” Appl. Opt.
10, 2113 (1971).

[118] Y.-Y. Cheng and J. C. Wyant, “Multiple-wavelength phase-shifting interferom-
etry,” Appl. Opt. 24, 804 (1985).

[119] J. C. Wyant, “White light extended source shearing interferometer,” Appl. Opt.
13, 200 (1974).

[120] M. Davidson, K. Kaufman, I. Mazor, and F. Cohen, “An application of inter-
ference microscopy to integrated circuit inspection and metrology,” Proc. SPIE
0775, 233 (1987).

[121] P. Sandoz, R. Devillers, and A. Plata, “Unambiguous profilometry by fringe-
order identification in white-light phase-shifting interferometry,” J. Mod. Opt.
44, 519 (1997).

[122] J. C. Wyant, “White light interferometry,” Proc. SPIE 4737, 98 (2002).

[123] P. H. Tomlins and R. K. Wang, “Theory, developments and applications of
optical coherence tomography,” J. Phys. D: Appl. Phys. 38, 2519 (2005).

[124] R. Dändliker, E. Zimmermann, and G. Frosio, “Electronically scanned white-
light interferometry: A novel noise-resistant signal processing,” Opt. Lett. 17,
679 (1992).

[125] K. G. Larkin, “Efficient nonlinear algorithm for envelope detection in white
light interferometry,” J. Opt. Soc. Am. A 13, 832 (1996).

[126] P. de Groot and L. Deck, “Surface profiling by analysis of white-light interfer-
ograms in the spatial frequency domain,” J. Mod. Opt. 42, 389 (1995).

[127] P. de Groot, X. C. de Lega, J. Kramer, and M. Turzhitsky, “Determination of
fringe order in white-light interference microscopy,” Appl. Opt. 41, 4571 (2002).

[128] A. Harasaki, J. Schmit, and J. C. Wyant, “Improved vertical-scanning interfer-
ometry,” Appl. Opt. 39, 2107 (2000).

50



Bibliography

[129] P. de Groot and L. Deck, “Three-dimensional imaging by sub-Nyquist sampling
of white-light interferograms,” Opt. Lett. 18, 1462 (1993).

[130] A. Bosseboeuf, P. Nerin, P. Vabre, S. Petitgrand, and R. Yahiaoui, “Three-
dimensional full-field dynamical characterization of micromechanical devices by
stroboscopic white light scanning interferometry,” Proc. SPIE 4400, 36 (2001).

[131] P. de Groot, “Stroboscopic white-light interference microscopy,” Appl. Opt. 45,
5840 (2006).

[132] V. Heikkinen, I. Kassamakov, T. Paulin, A. Nolvi, and E. Hæggström, “Stro-
boscopic scanning white light interferometry at 2.7 MHz with 1.6 μm coherence
length using a non-phosphor LED source,” Opt. Express 21, 5247 (2013).

[133] A. Jaakkola, P. Rosenberg, S. Asmala, A. Nurmela, T. Pensala, T. Riekkinen,
J. Dekker, T. Mattila, A. Alastalo, O. Holmgren, and K. Kokkonen, “Piezo-
electrically transduced single-crystal-silicon plate resonators,” in “Proceedings
of the IEEE Ultrasonics Symposium,” (IEEE, New York, 2008, Beijing, China,
2008), p. 717.

[134] A. Jaakkola, J. Lamy, J. Dekker, T. Pensala, L. Lipiäinen, and K. Kokkonen,
“Experimental study of the effects of size variations on piezoelectrically trans-
duced MEMS resonators,” in “Proceedings of the IEEE International Frequency
Control Symposium,” (Newport Beach, California, USA, 2010), p. 410.

[135] K. Telschow, V. Deason, D. Cottle, and J. I. Larson, “Full-field imaging of giga-
hertz film bulk acoustic resonator motion,” IEEE Trans. Ultrason., Ferroelectr.,
Freq. Control 50, 1279 (2003).

[136] M. Fleischer, R. Windecker, and H. J. Tiziani, “Theoretical limits of scanning
white-light interferometry signal evaluation algorithms,” Appl. Opt. 40, 2815
(2001).

[137] J. Jensen, P. Hoiby, G. Emiliyanov, O. Bang, L. Pedersen, and A. Bjarklev,
“Selective detection of antibodies in microstructured polymer optical fibers,”
Opt. Express 13, 5883 (2005).

[138] L. Rindorf, J. B. Jensen, M. Dufva, L. H. Pedersen, P. E. Høiby, and O. Bang,
“Photonic crystal fiber long-period gratings for biochemical sensing,” Opt. Ex-
press 14, 8224 (2006).

[139] L. Rindorf, P. E. Høiby, J. B. Jensen, L. H. Pedersen, O. Bang, and O. Geschke,
“Towards biochips using microstructured optical fiber sensors,” Anal. Bioanal.
Chem. 385, 1370 (2006).

[140] F. Benabid, F. Couny, J. C. Knight, T. A. Birks, and P. Russell, “Compact,
stable and efficient all-fibre gas cells using hollow-core photonic crystal fibres,”
Nature 434, 488 (2005).

[141] J. Sun and C. Chan, “Photonic bandgap fiber for refractive index measurement,”
Sensor. Actuat. B-Chem. 128, 46 (2007).

[142] K. P. Birch and M. J. Downs, “An updated Edlén equation for the refractive
index of air,” Metrologia 30, 155 (1993).

[143] K. P. Birch and M. J. Downs, “Correction to the updated Edlén equation for
the refractive index of air,” Metrologia 31, 315 (1994).

51



Bibliography

[144] P. E. Ciddor, “Refractive index of air: New equations for the visible and near
infrared,” Appl. Opt. 35, 1566 (1996).

[145] P. E. Ciddor and R. J. Hill, “Refractive index of air. 2. Group index,” Appl.
Opt. 38, 1663 (1999).

[146] P. E. Ciddor, “Refractive index of air: 3. The roles of CO2, H2O, and refractivity
virials,” Appl. Opt. 41, 2292 (2002).

[147] B. E. A. Saleh and M. C. Teich, Fundamentals of Photonics (John Wiley &
Sons, Hoboken, N.J., 2007), 3rd ed.

[148] K. Saitoh, N. Florous, T. Murao, and M. Koshiba, “Design of photonic band
gap fibers with suppressed higher-order modes: Towards the development of
effectively single mode large hollow-core fiber platforms,” Opt. Express 14,
7342 (2006).

[149] M. N. Petrovich, F. Poletti, A. van Brakel, and D. J. Richardson, “Robustly
single mode hollow core photonic bandgap fiber,” Opt. Express 16, 4337 (2008).

52



9HSTFMG*afehci+ 

ISBN 978-952-60-5472-8 
ISBN 978-952-60-5473-5 (pdf) 
ISSN-L 1799-4934 
ISSN 1799-4934 
ISSN 1799-4942 (pdf) 
 
Aalto University 
School of Electrical Engineering 
Department of Micro- and Nanosciences 
www.aalto.fi 

BUSINESS + 
ECONOMY 
 
ART + 
DESIGN + 
ARCHITECTURE 
 
SCIENCE + 
TECHNOLOGY 
 
CROSSOVER 
 
DOCTORAL 
DISSERTATIONS 

A
alto-D

D
 2

0
4
/2

013 

 

Igor Shavrin 
N

ovel light sources and high-resolution interferom
etric applications 

A
alto

 U
n
ive

rsity 

Department of Micro- and Nanosciences 

Novel light sources and 
high-resolution 
interferometric 
applications 

Igor Shavrin 

DOCTORAL 
DISSERTATIONS 


	Aalto_DD_2013_204_Igor_Shavrin_verkkoversio
	Blank Page
	Blank Page
	Blank Page
	Blank Page
	Aalto_DD_2013_204_Igor_Shavrin_verkkoversio.pdf
	Blank Page
	Blank Page
	Blank Page
	Blank Page

	Aalto_DD_2013_204_Igor_Shavrin_verkkoversio.pdf
	Blank Page
	Blank Page
	Blank Page
	Blank Page



